Introduction
In this paper there are considered subclasses C(8,8 G [-7r/2, TT/2], £2 € U, of close-to-convex functions. For each £1, £2 G U, ^ ji £ 2 and 8 G (-tt/2, 7t/2) suitable choosen according to fj and £ 2 functions / G C(8,£i,£ 2 ) have certain geometric property concerning to the way of mapping corresponding hyperbolic family of arcs with vertexes at l/£i and l/£ 2 -Analogously, if = £ 2 = £o> then for suitable choosen 8 G (-7r/2,7r/2) functions / G C(8, Ço,Ço) have similar geometric property concerning to the way of mapping corresponding parabolic family of arcs with vertex at l/£o-In the case when |£i| = |£ 2 | = 1 or |£o| = 1, this geometric property proved in Section 2 and formulated in Corollary 2.1 is equivalent to the convexity in the direction of the imaginary axis of f(U). Therefore the definition condition (1.2) of the class C(8, £i,£ 2 ) generalizes the well known Roberston condition for convexity in one direction [10] proved finally by Royster and Ziegler [11] .
In Section 4 there are found coefficient formulae and estimates in the class
Preliminaries
Let U = {z G C : < 1} denote the unit disk in the complex plane C, T = dU the unit circle and U = U U T. By P we denote the class of functions p of the form p(z) = 1 + PnZ n , z € U, which are regular in U and have positive real part.
A function / regular in U is called subordinate to a function F regular in U if F is univalent in U, /(0) = F(0) and f(U) C F{U). We write then f<F or f(z) < F(z), z e U. A function / regular in U with /(0) = /'(0) -1 = 0, is said to be starlike if Re{zf'(z)/f(z)} > 0 for z £ U, and is said to be convex if Re {1 + zf"(z)/f'(z)} > 0 for 2 € U. It is well known that every starlike and every convex function is univalent in U. If (1.2) holds in U and the left hand side of (1.2) is equal to zero at some point in U, then by the minimum principle for harmonic functions it vanishes identically in U. For this reason every function / in C(6, £1, £2) satisfy then the identity
Thus by the normalization of / we see that 8 = -7t/2 and a = -1 or 6 = TT/2 and a = 1. Therefore from the above we have is satisfied.
Of course, C(S,-C(6,a,f3,fi,u){oT parameters described by (1.5). From (1.2) it follows that if / € C(<?,6,6) for 6 G (-TT/2, TT/2), then
where q is a function regular in U, Reg(z) > 0 for z £ U and q(0) = e lS . Thus there exists a function p G P such that q(z) = p(z) cos 6 + i sin 8 and consequently
By (1.7) and by the fact that p(z) - 
The inequality (1.6) with additional conditions on parameters 6, a, //, v, reduces to well known conditions for subclasses of univalent functions.
For a = /? = 1 and S = /z -7r/2 the inequality (1.6) is due to Robertson [10] and characterizes the class C(fi -7r/2,1, as the subclass of the class CV(i) of functions convex in the direction of the imaginary axis. The equivalence of analytic condition (1.6) for such choosen parameters and geometric definition of the class CV{i) have done Royster and Ziegler [11] 
Geometric properties
In this section we deal with some geometric properties of the classes Let us fix 6 and 6 in U. We will consider the following cases: If 7r < arg{6/6} 5; 271", then we parametrize circles 7 G /\(6)6) also by (2.2) but now we set r G (x -TQ, 2T -To] where ro is choosen in the interval [7r,27r). In the same manner as in the above we deduce that (2.5) is satisfied for this case.
2° If Re 6 < Re 6) then repeating exactly considerations from Part 1°, with 6 i n place of 6 and vice versa, we have that (2.5) holds also. In consequence, from (2.5) it follows that every arc 7 T £ J\(6>6) is mapped by every function / £ C(S, 616)> for <5 given by (2.3), onto an analytic arc f{") T ) which has with every vertical line at most one common point.
In the case when |£i| = [£21 = 1 the above geometric property implies convexity in the direction of the imaginary axis of the domain f(U) (see [3] ).
2. Let 0 = £2 ^ 6 and Re£a 0. Let us set f argil/6), if arg{l/£i} G (-7r/2,7r/2) ^ d -\arg{l/ei}-7r, if arg{l/6} € (tt/2,3tt/2).
Let us consider the degenerate hyperbolic family //i(£i,0) of all lines 7 going through the fixed point 1/fi. By we denote the family of entire segments 7 obtained by the restriction of the lines 7 G A(£i,0) to the disk U.
If arg{l/£i) G (-7t/2,tt/2), then we parametrize the family A(£i,0) as follows:
The family //>(£ 1,0) will be also parametrized by (2.7), where by an easy computation of the equation \zT(t)\ = 1, we obtain r £ (to,tt -to), tqarccos(a 2 ), and t G (t0(r),ti(r)), where t0(T) = -sinr -y/a 2 -cos 2 (r), ii(r) = -sin t + y/a 2 -cos 2 (r).
Since t G (to(r),ti(T)) is negative for each r € (ro, 7r -7o), by (2.7) and (1.2) we deduce that for every function / G £1,0), where S is given by (2.6), and for every arc 7T G /\(£i,0 holds
If arg{l/£i} G (t/2, 3t/2), then we parametrize the family i\(£i, 0) also by (2.7) but now we set r G (7r,27r]. Hence, every arc 7 G is also parametrized by (2.7), where r G (jt + to,27t -ro) and t G (io(?"); M r ))-Since now t G (to(r),ti(T)) is positive for each r G (tt + to, 2tt -tq), it follows that (2.8) is satisfied for 6 given by (2.6).
Repeating the above considerations with £1 in place of £2 and vice versa, we see that (2.8) is also true for the case 0 = / ^ and Re £2 0. We consider now the parabolic family r p (0,£o) of all circles 7 containing fixed point l/£ 0 and tangent at l/£ 0 to the line having the direction 0. Let us denote by r p (0,£0) the family of entire circular arcs 7 which are the restrictions of the circles 7 G r p (9, £0) to the disk U.
We parametrize the family r p (0,£0) as follows:
(2.10) 7 = 7t : * = *t(0 = cr(l + e")te i9 + l/£ 0 , re (-00,00), t G [0,27r),
where c=lorc=-1. Let every arc 7 T G r p (0,£0) be also parametrized by (2.10) where r C (-00,00) and / G J(t) C [0,27t) for every fixed r G I. Since the line of the direction 0 has no common points with the disk U we see that X C (-00,0) or X C (0,00).
Assume now that 2/z -0 G (-it, -it/2) U (7t/2, it). We set then c = -1 in (2. Therefore, for every arc 7 r G r p (0, £0) and for every function / G C(S, £ 0 , £ 0 ), where 8 is given by (2.9), we conclude from (2.10), (2.11), (1.2) and from the fact that r G X is negative that For every arc 7 T € r p (6, 0) and for every function / G C(6,0,0) by (2.13) and (1.2) we have (2.14)
± Re f(z T (t)) = Re{e iS f'(z T (t))} > 0, t € (-f 0 ,fo).
Finally, the inequalities (2.5), (2.8), (2.12) and (2.14) may be summarized geometrically by saying that 
Every function f £ C(6,£o,£o) for fixed £0 € U and 6 € (-7T/2, TT/2) suitable choosen according to £0 and fixed direction 6 € [0, 27t) maps a certain parabolic family of circular arcs lying in the disk U and dependent on 0 and £0 onto the family of analytic arcs each of them have with every vertical line at most one common point.

THEOREM 2.2. Iff e C(6,{ u 6), 6 € [-?r/2, TT/2], V, then f is univalent in U.
Proof. By the fact that |£i| < 1 and |6| < 1 it follows from (1.9) that -_ 1-6 I Kluix*) J (i-€i*)(i-6*)
Hence the function h(£i,f 2 ;z), 2 € U, is starlike and univalent in U for every fixed £1, £ 2 € U. Proof. 1. From (1.4) we have that for each £2 G ^ such that £2 holds = h{luir,z)lz, z € i/. Therefore (3.1) and (3.2) yields that the coefficients of the functions /_ 7 r/2,i 1 ,i 2 an( l f 17/2,^^2 are °f the form (3.4) for S = -7t/2 and = tt/2, respectively.
In the same manner, from (1.3) it follows that for each £0 G i/ holds /i,r/2 £ 0 ( 2 ) = z)/z, z £ U, which gives in view of (3.3) that the coefficients of the functions f-w/2^0Ao ftr/2,£ 0 .£o are the form (3.5) for S = -7t/2 and <5 = 7r/2, respectively.
2. Let now / be of the form (1.1) and / G C(<5, £1,^2) for fixed 6 G (-7t/2,7t/2), £1, £2 6 U such that £1 ± £>• Then there exists pePof the form p(z) = 1 + X^i PnZ n ? z £ U, such that (1.10) is satisfied. Hence using (3.1) we obtain 00 00 00 Setting è -fi -tt/2 and a = 1 into formulae (3.10) -(3.12) we obtain fomulae for the coefficients in the class C ([i -7r/2,1,1,/i, u) . Setting a = 0 into (3.10)-(3.12) we get formulae for the coefficients in the class C(S,0,0). Especially, putting 1/ = 7T/2 into the formula (3.10) it follows the following Estimates (3.13)-(3.14) are not sharp in general. They are sharp only for some systems of parameters 6, £1 and £2 or for some coefficients. Trivially, on account of Remark 1.2 and (3.1) -(3.3) the bounds (3.13)-(3.14) are sharp for S = ±7r/2.
Estimates (3.14) are sharp for 6 = 0 and for each £0 6 U. In this case, setting £0 = |fo|e ÎV , V £ [0? 2?r), we get in view of (3.8) By the same argument as the above the bound (3.13) is sharp for 6 = 0, £ 2 = 0 and for each (1 G f/, (1 ^ 0 (or for = 0 and for each £2 6 Û, 6 + 0). By (3.2) we get A n = tf" 1 . If now 6 = <P 6 [0,2*), then (3.7) yields that the extremal function is of the form (2.16) or (2.17) for £ = e~i v .
For = £2 = 0 we obtain from (3.14) the following The case S = 0 in (3.15) was proved by MacGregor [8] . From (3.8) it follows immediately that bounds (3.15) are sharp for all S G [-7r/2,7r/2]. Equality is realized by the function (2.18) for £0 = 0 and £ = 1.
From Theorem 3.5 we have the following estimate of the second coefficient in the class C(S, £^£2) which is sharp for all 6, £1 and £ 2 . From (3.14) and (3.17) it follows that (3.14) give estimates in the classes Cs,a,aPutting 8 = fi -tt/2 into (3.14) and (3.17) we get estimates in the classes C (/i -ir/2,a,a,fi,v) .
Especially, for a = 1 we have bounds of the coefficients in the classes C(fi -7t/2, 1, thus in the class CV(i) (Robertson [10] , Royster and Ziegler [11] ). Using a Lemma due to Gronwall and (3.17) Robertson examined also an asymptotic bound for |a"|. He proved that -.
. " 4 sin a .
lim \an\ < -, v G (0,7r), n-KX> 7T Sin V where an are the coefficients of functions in the class CV(i).
From (3.13) and (3.14) we deduce 
